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Abstract

Designing effective prompts is essential to guiding large lan-
guage models (LLMs) toward desired responses. Automated
prompt engineering aims to reduce reliance on manual ef-
forts by streamlining the design, refinement, and optimiza-
tion of natural language prompts. This paper proposes an op-
timal learning framework for automated prompt engineering
for black-box models, designed to sequentially identify ef-
fective prompt features while efficiently allocating a limited
evaluation budget. We introduce a feature-based method to
express prompt templates, which significantly broadens the
search space. Bayesian regression is employed to utilize cor-
relations among similar prompts, accelerating the learning
process. To efficiently explore the large space of prompt
features for a high quality prompt, we adopt the forward-
looking Knowledge-Gradient (KG) policy for sequential opti-
mal learning. The KG policy is computed efficiently by solv-
ing mixed-integer second-order cone optimization problems,
making it scalable and capable of accommodating prompts
characterized only through constraints. We demonstrate that
our method significantly outperforms a set of benchmark
strategies assessed on instruction induction tasks. The results
highlight the advantages of using the KG policy for prompt
learning given a limited evaluation budget. Our framework
provides a solution to deploying automated prompt engineer-
ing in a wider range of applications where prompt evaluation
is costly.

Key Words: automated prompt engineering, optimal
learning, Knowledge-Gradient, Bayesian regression, feature-
based prompts

1 Introduction

Large Language Models (LLMs) demonstrate exceptional ca-
pabilities in following instructions, making them a power-
ful tool to various downstream tasks [31, 20, 12, [30]. A
well-designed prompt steers an LLM to generate desired re-
sponses, enabling effective adaptation to downstream appli-
cations without incurring the high cost of fine-tuning the

model weights. Nevertheless, creating effective prompts can
be challenging due to the sensitivity of LLM outputs to
prompt variations [32} 21} 38]]. In addition, manually iden-
tifying ideal prompts is often time-consuming and lacks sys-
tematic guidance. Automated approaches to designing, opti-
mizing, and refining LLM prompts mitigate this challenge by
minimizing the need for manual intervention.

Recent efforts in automated prompt engineering have pri-
marily focused on iterative evaluation and refinement in or-
der to converge to ideal prompts [12, [39} 28] 27, 135]. The
methods by these studies often assume the availability of nu-
merous iterations. However, in many real-world scenarios,
opportunities to evaluate prompts are limited, as each prompt
evaluation can be costly or time-consuming. For example, in
medical research, each prompt evaluation could involve ex-
tensive time and resources from medical professionals, mak-
ing it impractical to test a large number of variations before
selecting the final one.

Moreover, many existing approaches search over a set of
precrafted candidate prompts for ideal prompts [33} 39| 22].
These methods require identifying and enumerating a set of
prompts, which restricts the scalability as the candidate set
expands. Furthermore, it fails to utilize the correlation among
similar prompts to expedite learning.

To fully unlock the potential of LLMs across diverse sce-
narios, it is crucial to develop an automated prompting frame-
work that is compatible with black-box LLMs and is capa-
ble of capturing dependencies among prompts and efficiently
identifying high-performing prompts within few evaluations.
This paper presents a principled forward-looking iterative
process for automated prompt engineering through the opti-
mal design of a sequence of prompts.

We propose an interpretable feature-based approach to
prompt representation. Various categorical or numerical fea-
tures can be considered to characterize detailed aspects of a
prompt, such as the selection and ordering of demonstrative
examples. Previous works identify factors within a prompt
that influence the LLLM outputs but often treat these aspects in
isolation. We allow for capturing various interactions among
prompt attributes and can accommodate potential constraints



on the features. This feature-based prompt representation en-
ables the inclusion and exploration of a vast and diverse set of
prompts, which does not require manual prompt provision. In
addition, in contrast to prompt descriptions based on embed-
ding vectors, our representation is inherently interpretable.

We adopt a Bayesian approach to refine beliefs about the
influence of prompt features on the LLM response. This ap-
proach supports the integration of prior knowledge and user
opinions as well as enabling to capture feature correlations.
To operationalize this, we define a probabilistic model to link
prompt features to a response quality of interest. In this paper,
we demonstrate our approach using LLM response accuracy
as the primary evaluation metric.

We formalize the iterative process of automated prompt
engineering for black-box LLMs in the presence of limita-
tions on the number of prompt evaluations as a sequential
decision-making problem. Given limited opportunities for
prompt evaluation, this problem falls into the category of
finite-horizon discrete-time Markov decision processes; see
[29]. An optimal learning policy sequentially selects a feasi-
ble prompt representation for evaluation, aiming to maximize
the expected outcome of the final prompt. Due to the poten-
tially large prompt feature space, the curse of dimensional-
ity [25] hinders the exact computation of the optimal prompt
selection. We adopt an approximate policy for the optimal
learning problems, known as the expected improvement pol-
icy in [4} 5] or Knowledge-Gradient (KG) policy in [9} 26].
This is a forward-looking policy that maximizes the expected
improvement in the value of information in each learning
phase. The KG policy often excels in practical scenarios with
limited evaluation budgets, frequently outperforming com-
mon static data acquisition strategies and dynamic test-and-
learn policies.

The large space of prompt candidates, defined by con-
strained features, makes it impractical to enumerate all fea-
sible alternatives for determining KG decisions. To address
this challenge, we leverage recent advancements in scalable
optimal learning and KG computation. In contrast to ear-
lier results to compute KG decisions [9] based on enumera-
tion of all feasible alternatives, recent computational methods
[24.114,16] build on optimal quantization of the response prob-
ability followed by mixed-integer conic optimization refor-
mulations to leverage efficient optimization solution methods.
For optimal learning problems with larger feature spaces, an
iterative process involving solving mixed-integer linear opti-
mization problems is employed to achieve even greater com-
putational efficiency and scalability.

Our black-box framework allows for different prompt
representations and selection policies, hence encompassing
various existing methods for automated prompt engineering.
For example, when a small, finite set of precrafted prompt
templates is provided and a point-wise utility model is used,
our setting encompasses the setup in [22} 39} [33].

We assess the performance of sequential prompt learn-

ing with adaptive prompt selection policies on a variety of
instances of instruction induction tasks [[15]. This bench-
mark dataset contains 24 instances of instruction induction,
designed for LLMs to deduce implicit tasks or instructions
from language prompts including answers or contextual in-
formation. For the instruction induction tasks, we first pro-
pose a feature-based prompt template and use the accuracy
of responses collected from GPT-3.5 on the validation data
as the primary performance metric. For the prompt selec-
tion, we evaluate the KG policy, the adaptive myopic pol-
icy, the increasingly popular Thompson sampling policy, and
a number of other automated prompt engineering methods
such as EvoPrompt [12] using an evolutionary algorithm to
refine prompts and TRIPLE [33] using a multi-armed bandit
approach to select prompts.

Our analyses show the effectiveness of our approach with
the KG prompt selection policy, which is capable to converge
to high-quality prompts within 30 or fewer prompt evalua-
tions. These prompts significantly outperform those gener-
ated by the benchmarks on the test data using the same num-
ber of LLM interactions. A further analysis reveals that the
KG policy is particularly favorable for challenging tasks with
high uncertainty in LLM responses and significant sensitivity
to prompts, achieving a substantial margin over baseline poli-
cies. Our findings highlight the advantages of using the KG
policy in prompt engineering to selectively evaluate prompts,
expanding the potential for deploying automated prompt en-
gineering in applications with large prompt evaluation costs.

Our contributions can be summarized as follows.

* We introduce a sequential optimal learning framework
for automated prompt engineering to guide through the
process of designing a sequence of prompts that effec-
tively elicit accurate responses from an LLM. The ap-
proach is compatible with black-box LLMs and is par-
ticularly effective for applications where prompt eval-
uation is resource-intensive.

* We propose a feature-based approach to represent lan-
guage prompts, which greatly expands the prompt
search space. A link function maps the features to
LLM response accuracy through Bayesian model pa-
rameters to leverage correlations among prompts with
shared characteristics. Our method enables simultane-
ous optimization of multiple features to generate im-
proved prompts.

* We leverage the KG policy within our sequential
prompt learning to efficiently identify high-performing
prompts in large prompt spaces. The KG policy outper-
forms various benchmark policies, especially for chal-
lenging tasks with high uncertainty in LLM response.

The remainder of the paper is organized as follows. Sec-
tion 2] reviews the related literature. Section [3] discusses the



generic iterative process for automated prompt learning, for-
malizing the problem as a sequential decision making prob-
lem. Section {4 discusses the forward-looking KG policy for
prompt selection in iterative automated prompting. Illustra-
tive examples and computational results are provided in Sec-
tions [5] and [6] Finally, conclusions and potential extensions
are discussed in Section[7l

2 Related Work

Generation-then-selection Methods [39] present a two-
phase pipeline of instruction generation and selection. This
method generates a set of candidate instructions, which are
evaluated and filtered based on their performance on the
downstream tasks until the best one from the candidate set
is found. [22] uses an optimal control paradigm to system-
atize the process of iteratively updating and selecting from a
set of candidate prompts. However, these approaches are lim-
ited to search spaces represented by precomputed individual
prompt candidates. Our proposed framework encompasses
different prompt representations generated dynamically and
exploration policies. Our feature-based approach to represent
prompts captures their dependencies and enables a diverse
search space. [33] follows the two-phase pipeline with a fo-
cus on prompt selection subject to a fixed evaluation budget.
They formulate the selection as a multi-armed bandit (MAB)
problem and utilize the continuously reject method to select
from the candidate set. Their solution requires an increasing
number of evaluations as the size of the prompt candidate set
grows. In contrast, our framework with the KG prompt selec-
tion policy can accommodate larger spaces of prompts within
limited evaluations.

Edit-based Methods An approach to automated prompting
focuses on generating refined prompts by iteratively editing
base prompts. [27] propose GrIPS, which iteratively applies
text-based edit operations, such as word substitutions and
deletions, to a base prompt. The best candidate is then se-
lected as the new base prompt. Alternatively, [12]] apply evo-
lutionary algorithms and generate new candidate prompts by
performing mutation and crossover operations using an LLM,
retaining high-quality prompts for the next generation. [§]
also use an LLM to perform mutation operations on a popu-
lation of prompts but employ a self-referential way of improv-
ing both the prompts and the mutation operations. [16] pro-
pose an iterative prompt refinement scheme specially crafted
for relevance ranking in information retrieval. While these at-
tempts show the potential of edit-based approaches for gener-
ating high-quality prompts, they mainly rely on local search
by modifying existing prompts. Our method, however, ex-
plores the prompt space in a forward-looking principled man-
ner using Bayesian optimal learning, and utilizes knowledge
from prior observations to inform future prompt selections.

Prompt Learning Methods Recent works [3| [19] explore
Bayesian Optimization to search in the embedding space of
prompts, but white-box LLMs are required to facilitate the
optimization steps. Our approach also builds on Bayesian
learning, but we directly search in the space of discrete
prompts and eliminate the need for white-box LLMs. The
concept of prompt learning is also used in [23]], which trains
a reinforcement learning model to select tokens as actions to
form prompts. The training stage requires sufficient evalua-
tion budget, while our framework is capable of learning from
only a limited number of prompt evaluation.

Gradient-based Methods Gradient-based algorithms have
been used to solve the problem of optimizing prompt perfor-
mance over the prompt space. [35}34] model prompts as se-
quences of trigger tokens, and compute the gradients of the
log-likelihood of the language model generating the target
outputs with respect to the embeddings of candidate tokens
to guide the search for optimal tokens. [36] compute the gra-
dients of a similarity metric between the generated and tar-
get outputs with respect to the prompt embeddings to guide
prompt optimization, and project the optimized embeddings
to discrete prompts using nearest neighbors. These methods
require access to the internal parameters of the LLM, making
them incompatible with black-box LLMs. Moreover, these
methods require computationally intensive gradient compu-
tations. In contrast, our approach generates human-readable
prompts without accessing internal parameters.

3 Sequential Optimal Prompt Learning

We introduce a sequential optimal prompt learning frame-
work, called SOPL, for automated prompt engineering that
is compatible with black-box LLMs and generates human-
readable prompts, while addressing the challenge of limited
number of iterations for prompt evaluation. Our framework,
depicted in Figure [T] follows the iterative process outlined
in Algorithm [I} The components of the framework are ex-
plained in the subsequent subsections.

3.1 Feature-Based Prompt Representation

To identify high-quality prompts, it is essential to explore a
diverse set of prompts tailored to the specific downstream
task. We adopt a feature-based representation for prompts,
expressing a language meta prompt through various features
that capture its content and structure. Prompt features are de-
noted by vector z that specifies a textual prompt based on the
meta prompt. Examples of such features include the struc-
tural template, tone, role, context, demonstrations, specificity,
complexity, embeddings, task type, question framing, con-
straints, and temporal references. These features are gener-
ally either manually engineered by the user or derived from
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Figure 1: SOPL: Sequential optimal prompt learning for automated prompt engineering

Algorithm 1 Sequential optimal prompt learning

Require Maximum iteration NV, score function Eval : X —
(0,1), prompt representation selection policy 7 : S — X,
Bayesian update function Update : & x R — & that imple-
ments @)-(7).
1: Initialize knowledge state S.
2: Initialize best prompt so far x*.
3: Initialize best score so far u* < —1.
4: for stepn=1,...,N do
5:  Get prompt representation x < 7(.5).
6:  Evaluate prompt and get a score u, < Eval(x).
7 if u, > u* then
8 Record best score so far u* <+ u,.
9 Record best prompt so far x* < .
end if
Update knowledge state S < Update(S, logit(uy)).
end for
return x*.

10:
11:
12:
13:

established prompt templates in the literature corresponding
to the task. Refer to Section 5.1 for the specific features and
categories utilized in the instruction induction task for our ex-
periments, developed based on the template proposed in [15].

Previous studies have primarily examined each feature in
isolation, whereas we integrate these features in the prompt
representation to leverage the potential synergies that emerge
from their combination. By enriching the meta prompt with
multiple features known to influence LLM responses, we ex-
pand the search space.

In general, a feature space may contain variables of differ-
ent types: continuous, categorical, and ordinal. In addition,
various requirements may be imposed on the features either
by definition or by the user’s preferences to account for mu-
tually exclusive features, conditional features, combined ef-

fects of multiple features, disjunctive features, and multiple-
choice decisions. The set of feasible feature combinations
forms a diverse and potentially large search space, denoted
by X. Our framework does not require explicitly identify-
ing and enumerating all feasible prompts. We assume, in-
stead, that the feasible prompt space X', which encompasses
the feasible values of the prompt features, is specified solely
by linear inequality or equality constraints.

Our framework encompasses existing approaches as spe-
cial cases. For example, the methods [39, 33} [22]] that follow
the pipeline of generating and selecting from a set of candi-
dates can be thought of as using the candidate set as X'.

3.2 Prompt Evaluation

The prompt evaluation phase involves querying a black-box
LLM with the prompt constructed from x and collecting the
LLM’s response. When evaluating the prompt on the down-
stream task, we measure the quality of the observed LLM re-
sponse to the prompt associated with z using a numeric score
Uz, wWhich is computed from the score function Eval defined
on X'; see Algorithm 2 for details on Eval(x). If given labeled
data, the score can be computed by comparing the LLM re-
sponses to the ground truth labels and calculating the percent-
age of accurate responses. For downstream tasks that require
human evaluation, the score is based on human feedback.

For common metrics such as accuracy, Fl-score, and
point-wise mutual information [1]], the score lies in the in-
terval between 0 and 1. We assume that

(D

where © ~ N (ueo,Xe/p) is the D-dimensional model pa-
rameter and € ~ A (0, 1/p) with variance 1/p is the measure-
ment noise. The quantity 7, represents the utility of . The
mean pe and the precision p are the unknown parameters to

N = logit(u,) = O Tz + e,



estimate. For general score functions that return values be-
yond the interval between 0 and 1, alternative link functions
can be employed in (1)) in place of the logit function.

3.3 Knowledge State Update

An approach to addressing uncertainty in the effectiveness of
prompt features is Bayesian learning. The Bayesian approach
to inference can account for multiple levels of randomness
and correlation by using prior distributions for model param-
eters. Additionally, existing knowledge and user input can
be incorporated into these prior probability distributions. We
adopt the Bayesian framework, letting a multivariate normal
prior for the coefficients, yg, and a Gamma prior for the pre-
cision, p, i.e.,

pelp ~N(0,%/p) )
p ~ Gamma(a, b). 3)

The belief represented by S = (6,3, a,b) is referred to
as the knowledge state. The knowledge state encodes prior
observations of prompt performance and serves as the basis
to inform future decisions. The multivariate distribution (2)
captures dependencies among unknown parameters, implying
that learning about one prompt can provide insights into the
effectiveness of several other prompts, thereby enhancing the
learning speed.

We iteratively update the knowledge state based on ob-
served responses to queried prompts. At iteration n, the
knowledge state is denoted by S,, = (0,2, an,b,), and
the selected prompt representation is denoted by x,. After
the n-th iteration of prompt evaluation, we observe the score
Uy, 1= Uy, and update the knowledge state as follows.

logit(u,) — 0, z,,

Ops1 =0, YTy 4
1 (1+2z; (S +Z0)zn) @
DI )

Zn - Zn - ” 5

+ 1+z) (B, +2e)z, )
1
Ap+1 = Qp + 5 (6)
logit(u,, —szn 2
s = by + = 2Etn) ) %

2L+, (Bn + Xeo) ©,)

Matrix Yg is the covariance matrix of the model param-
eter © as in (I). Equations @)-(7) collectively define the
mapping Update(S, logit(x)) appearing in line 11 of Algo-
rithm [l

3.4 Prompt Representation Selection Policy

For each iteration, a prompt representation z,, is selected ac-
cording to a policy . The goal is to find a prompt that maxi-
mizes the score on the downstream task after [V iterations of
prompt evaluation.

Our framework allows for different prompt representation
selection policies to explore the feasible prompt space X and
update the knowledge state. Heuristic policies, such as adap-
tive myopic (Greedy) and Thompson sampling (TS), can be
adopted. The Greedy policy selects the best prompt represen-
tation x based on the current knowledge state by

nOreedy(§ ) .= argmax E[n,|S,] = argmax 6 z. (8)
TEX TeX

The TS policy samples from the posteriors of the parameters
by
[) ~ Gamma(an, bn), é ~ N (Hna En/ﬁ) ’ (9)

and then selects the prompt representation = by

775(S,,) := argmax 0" . (10)
zeX

The heuristic policies such as Greedy and TS policies are
adaptive, but they are not forward-looking, in the sense that
they do not explicitly take into account the effect of selected
prompts on the subsequent prompt selections and the overall
learning process.

The prompt representation selection policy 7 is a key
building block influencing the performance of the SOPL
framework. When the number of iterations is limited to IV,
the process of sequential optimal prompt learning can be for-
mulated as a finite-horizon Markov decision process, where
the action space X consists of prompt representations, and the
state space S consists of knowledge states. In the next sec-
tion, we discuss an approximate policy for the optimal prompt
representation selection policy.

4 KG Prompt Selection Policy

We consider a forward-looking optimal learning policy de-
signed to maximize the expected improvement in an approx-
imated value of information during each iteration. This ap-
proach, known as the Knowledge-Gradient (KG) policy, of-
fers an approximate solution to the MDP for prompt se-
lection. For additional discussion and analysis, refer to
[13L15, 114 26]. The value of information is measured by the
expected single-period improvement, i.e., the difference be-
tween the values of the knowledge states S,,+1 and S, if the
prompt representation x,, 1 = « is selected. For KG, we as-
sume that x is binary. Hence, at iteration n, the following KG
quantity is maximized:

V;L ::E[VN(SnJrl”Sn,(E] —VN(Sn) (ll)

where Vi (.9) is the value of the optimal policy at iteration N
for any knowledge state S, i.e., Viy(S) = max,ex E[n,|5],
where 7, is based on (I). Recall that S, is the transition
from state S,, induced by the updating procedure in {@)-(7).
The quantity v} is the marginal value of one more prompt



representation x being queried. Its value is always nonnega-
tive.

The decision of the KG policy selects the prompt repre-
sentation that maximizes the KG quantity in (TT):

7K¢(S,) := argmax ™. (12)
TeEX

For discussion on the related concepts of asymptotic optimal-
ity and statistical consistency of the KG policy, the reader is
referred to L1, [10] when X is specified in the enumerative
form, and see [14] when X is represented in a constraint-
based form.

For any x € X, the KG quantity corresponding to
model (T)) is given by

v = E[glea)%c(pg + ay (2)T2a,,)|Sn] — r;leagpﬂ (13)

where T5,,, follows a student’s t distribution with 2a,, degrees
of freedom, and

py=0"y (14)

nla) — bn
4y (z) = \/an(l +2T(Z, 4 Zo)z)

xS,y (15)

The expectation in (T3] is with respect to the one-dimensional
random variable 75, .

The first term in the KG quantity in (I3)) can be approxi-
mated by

J
. n n .
Zl wj r;leag)(((py + g, (x)t;) (16)
i=

where ¢1,...,t; € R is the sequence of points that minimizes
the quadratic quantization error of the Voronoi quantizer for
Ts,,. If to = —o0, and t y41 = 00, the weights are defined as
wj = FTzam, tj+;j+l - FT2a,n, tj712+tj fOI'j =1,--, J.
Here, Fr,, is the cumulative distribution function of T, .
Therefore, the selected prompt representation based on the
KG policy at state .S, is computed by solving the following
mixed-integer optimization problem:

max

J
T o
A E w;il,y + 7 (17)
(2,7)eXt ,7<M,xz,yl,...,.yl €X < 7
j=

J

st [Py2alle <) witjz Say’ (18)
j=1

Tl =M1y —2) <& < Mz, (19)

Here, m is the dimensionality of the prompt representa-

. T
tion features, and P, := %(ﬁTﬁ + X, + Xg), where

A and h form the equality constraints of the feasible set
X = {z|Axz = h,Bx < g,z binary}. We assume that

(B, g) define all of the facets of conv(x) and thus (A, h) is
the affine hull of conv(z). We assume that conv(x) is not
full-dimensional (otherwise we introduce an artificial feature
Z with constraint £ = 1). In this problem, X'T, consisting
of elements (z,7) € R™, represents the homogenized ver-
sion of the set X’. In the last constraint, M denotes a large
constant. For further details and a computationally efficient
iterative algorithm only involving solving mixed-integer pro-
gramming problems to solve this problem, see Propositions 6
and 7 in [24].

5 Computational Experiments

We demonstrate the performance of the proposed SOPL
framework on the instruction induction tasks [15]. The
dataset consists of 24 individual tasks, covering various
aspects of text comprehension. Each data point com-
prises a pair of input and output. For example, for the
task larger_animal, one data point consists of an input
“cougar, flea” and an output “cougar.” The objective is to
find an instruction such that when the LLM is queried with
the instruction and an input, its response matches the correct
output. A possible instruction for this task can be “choose
the larger animal.” Similar to [39], we generate possible in-
structions by prompting an LLM using a meta prompt, which
consists of demonstrative examples of input-output pairs and
asks for a possible instruction. For each task, we partition the
dataset into three sets: a demonstration dataset, a validation
dataset, and a held-out test dataset.

Feature-Based Prompt Representation. We focus on five
aspects of prompts that have been shown to impact LLM re-
sponses. [39] note that the template of the meta prompt im-
pacts the effectiveness of the induced prompts; [21} 138] find
that both the selection and the order of demonstration exam-
ples influence generated texts; [37, |17] show that specifying
different roles elicits diverse text generations from LLMs;
[[7,139] discover that prompts paraphrased by LLMs yield im-
proved performance on downstream tasks; [[18] observe that
LLMs respond differently to different descriptions of tones.

We create a set of choices for each feature, summarized
in Table[I] A feature vector x specifies one choice for each
feature. By applying one-hot encoding to represent each cat-
egorical feature, the prompt representation feature x becomes
a binary vector. All combinations of the prompt features, sub-
ject to the constraint that exactly one choice is selected for
each feature, form the search space X.

Prompt Evaluation. We evaluate the selected feature vec-
tor = on the validation data and obtain the validation score
u, by Algorithm [2| We first convert the feature vector z to
a textual instruction in lines 1 and 2. For example, if the



Feature Choices

4 meta prompt templates shown in Figure
20 choices, each consists of 5 examples sampled from the
demonstration dataset.

Meta prompt template
Demonstrative examples
used in meta prompts

Roles (Scientist, research assistant), (Professor, PhD student), (Mom, kid),
(Programmer, Al system), (Manager, employee), (I, friend),
(Director, actor), (Coach, athlete), (Chef, sous chef).
Paraphrasing Binary: if paraphrasing is used, we prompt the LLM again to
generate a variant of the instruction using the template in Figure[ia—’l
Description (empty), clear, detailed, simple, complex, precise, ambiguous,

technical, expository, conceptual, authoritative, friendly, formal,
informal, encouraging, stern, rude, assertive, humorous.

Table 1: Prompt features used for instruction induction tasks

Algorithm 2 Score function Eval(z)
Require An LLM, validation data {(p;,¢:)}};, meta

prompt construction function MetaPrompt, eval-
vation prompt construction function EvalPrompt,
metric  function Metric to evaluate LLM re-
sponse.

1: Create meta prompt M, < MetaPrompt(x).

2: Generate instruction I, +— LLM(M,,).

3: for:=1,...Vdo

4:  Get evaluation prompt F; < EvalPrompt (I, p;).
5. Receive LLM response R; <— LLM(E;).

6:  Evaluate LLM response U; < Metric(R;, ¢;).

7: end for

8: Compute the average score u, = Zyil U;.

9: return u,,.

feature vector specifies meta prompt template 1, 5 demon-
strative examples, roles of I and friend, no paraphrasing,
and description of clear, then we create a meta prompt by
MetaPrompt(z), which inserts the 5 demonstrative exam-
ples in meta prompt template 1 in Figure [2] and replaces
[ROLE1] by “I,” [ROLE2] by “friend,” and [DESCRIPTION]
by “clear.”” We query an LLM with the meta prompt to gen-
erate an instruction [, that reflects the selected features. For
each input p; in the validation data, we create an evaluation
prompt by EvalPrompt(Z,, p;), which combines the instruc-
tion and the input using the template in Figure [d The prompt
is then used to query the LLM. A task-specific metric, such as
exact match or Fl-score defined in [13]], is used to compute
a score by comparing the LLM’s response with the correct
output ¢;. The average score across all validation examples is
used as the score u,;.

5.1 Benchmark Methods

We compare our method with two benchmarks EvoPrompt
[[12]] and TRIPLE [33]]. Both methods provide solutions com-
patible with black-box access to LLMs and generate human-
readable prompts, and are the two best performing algorithms
with these two properties as reported by prior works. Evo-
Prompt uses the differential evolution algorithm to iteratively
refine a population of prompts. TRIPLE employs the contin-
uously reject algorithm to identify an effective prompt from
a candidate pool under a fixed budget. In addition, we use
Greedy and TS presented in (§) and (T0) as the baseline poli-
cies.

5.2 Implementation Details

We record the instruction with the highest validation score
during the process. When the maximum number of prompt
evaluation is reached, the instruction with the highest valida-
tion score is used as the final instruction. The test score is
obtained by evaluating the final instruction on the held-out
test data, using a similar procedure to the one in Algorithm[2]
The held-out test dataset for each task consists of 100 exam-
ples unless fewer are available in the dataset [15]].

We repeat the experiment for 20 replications with differ-
ent random seeds. For each replication, we randomly select
10 examples from the rest of the data as the demonstration
dataset, and then randomly select 100 examples or all remain-
ing examples if fewer are available as the validation dataset.
The test dataset is kept the same for all replications.

We use OpenAl GPT-3.5 as the LLM for both generating
and evaluating instructions. We allow N = 30 opportunities
to evaluate on the entire validation dataset since there is no
further learning after this. We set the population size to be
10 for EvoPrompt as in [12]], and set the size of the candidate
pool to be 30 for TRIPLE as in [33]]. We ensure that the same
number of API calls to the LLM is used for evaluating on the
validation data across all methods.



[ROLE1] gave a [ROLEZ2] an instruction and inputs. The
[ROLEZ2] read the instruction and wrote an output for
every one of the inputs. Here are the input-output pairs:

Input: [INPUT 1]
Output: [OUTPUT 1]

Input: [INPUT 5]
Output: [OUTPUT 5]

Generate a [DESCRIPTION] instruction. The instruction
was

[ROLE1] gave a [ROLE2] an instruction and inputs. The
[ROLEZ2] read the instruction and wrote an output for
every one of the inputs. Here are the input-output pairs:

Input: [INPUT 1]
Output: [OUTPUT 1]

Input: [INPUT 5]
Output: [OUTPUT 5]

The instruction was ____

(a) Meta Prompt Template 1

(b) Meta Prompt Template 2

Input: [INPUT 1]
Output: [OUTPUT 1]

Input: [INPUT 5]
Output: [OUTPUT 5]

[ROLE1] gave a [ROLEZ2] a list of inputs and asked them
to perform a task. The [ROLE2] performed the task and
returned an output for each input.

What was the instruction? Generate a [DESCRIPTION]
instruction.

Input: [INPUT 1]
Output: [OUTPUT 1]

Input: [INPUT 5]
Output: [OUTPUT 5]

[ROLE1] gave a [ROLEZ2] a list of inputs and asked them
to perform a task. The [ROLE2] performed the task and
returned an output for each input.

What was the instruction? Respond only with the
instruction.

(c) Meta Prompt Template 3

(d) Meta Prompt Template 4

Figure 2: Meta Prompt Templates

Paraphrase the instruction
[INSTRUCTION] in a [DESCRIPTION]
manner. Specify that the instruction is
given by [ROLE1] to [ROLE2].

Figure 3: Paraphrasing Template

Instruction: [INSTRUCTION]

Input: [INPUT]
Output: __

Figure 4: Evaluation Template

6 Results and Sensitivity Analysis

We focus on the 13 challenging tasks where the validation
scores are below 80% with relatively large variance using the
default meta prompt template in [I5]. Table [2] presents the
average test performance across 13 tasks for SOPL and the
benchmark approaches. For each task, we evaluate the final
instruction on the held-out test data and compute the accu-
racy of LLM responses as the test score. We illustrate the
mean and standard deviation of the test scores across 20 repli-
cations in Figure[5] The results indicate that SOPL-KG out-
performs the benchmarks. It exhibits the highest average test
score of 0.6281 among all methods, with a 5.60% improve-
ment in average test score and a 9.13% average improvement

per task relative to SOPL-TS, the second best one. In compar-
ison to the best prior algorithm, EvoPrompt, SOPL-KG has a
6.47% improvement in average test score and a 17.92% av-
erage improvement per task. For each task, we rank the five
methods from the highest to the lowest test score, and calcu-
late the average ranking across 13 tasks. SOPL-KG achieves
the highest average ranking of 1.85, and SOPL-TS has the
second best ranking of 2.69, outperforming both EvoPrompt
and TRIPLE. We compute the standard deviation of the test
scores across 20 replications for each task, and report the av-
erage across 13 tasks in Table[2] SOPL-KG exhibits the low-
est standard deviation, demonstrating its robustness to varia-
tions in random seeds.

The findings highlight the effectiveness of our proposed
framework with feature-based prompt representations and the
KG prompt selection policy in comparison to other bench-
marks. Although the space of all feature combinations is pro-
hibitively large for exhaustive exploration, SOPL-KG is capa-
ble of discovering high-quality prompts within given prompt
evaluations.

6.1 Sensitivity to the Number of Iterations

We consider more challenging scenarios with fewer iterations
of N = 20 and N = 10. Table 3] presents the average
test performance across 13 tasks. SOPL-KG outperforms all
other methods within fewer iterations, with a slightly lower
average test score of 0.6174 when N = 20 compared to
N = 30. SOPL-KG also has the lowest standard deviation
when N = 20, while SOPL-TS is slightly more robust to



Metric SOPL-KG EvoPrompt TRIPLE SOPL-TS SOPL-Greedy
Test score 0.6281 0.5900 0.5609 0.5948 0.5750
Standard deviation 0.0668 0.0881 0.0966 0.0880 0.0959
Improvement of SOPL-KG 0.00% 6.47% 11.99% 5.60% 9.23%
Improvement of SOPL-KG per task 0.00% 17.92% 17.19% 9.13% 14.35%
Ranking 1.85 2.92 3.77 2.69 3.69
Table 2: Average test performance across 13 tasks for different methods
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Figure 5: Test performance on 13 tasks for different methods. The height of each bar represents the average test score and the
error bar represents the standard deviation across 20 replications with different random seeds

N =20 N =10
Method Mean STD Mean STD
EvoPrompt 0.5776  0.0956 0.5625 0.0920
TRIPLE 0.5561 0.0996 0.5333 0.1087
SOPL-KG 0.6174 0.0771 0.5800 0.0935
SOPL-TS 0.5926 0.0845 0.5696 0.0893
SOPL-Greedy 0.5757 0.0941 0.5490 0.1012

Table 3: Average test score after fewer iterations

variations in random seeds when N = 10. Moreover, SOPL-
KG achieves the largest improvement of 8.30% when N in-
creases from 10 to 30, while TRIPLE achieves the second
largest improvement of 5.17%.

We implement an early stopping mechanism in our frame-
work to further reduce the cost of prompt evaluation. We
terminate the process early if the best validation score does
not improve for 7 consecutive steps, or when the maximum
number of steps IV is reached. We conduct experiments with
7 = b and 7 = 10 for 20 replications and report the results
in Table ] Within 17 realized iterations, all three prompt
selection policies yield close to but slightly worse test score
compared to N = 30. TS has a small advantage in the av-

Polic 7 =10 T=95

y Test score Steps Test score Steps
SOPL-KG 0.6060 16.88 0.5711 8.45
SOPL-TS 0.5813 16.10 0.5488 8.20
SOPL-Greedy 0.5653 16.60 0.5389 8.37

Table 4: Average number of realized iterations and average
test score for different policies with early stopping

erage number of steps used, but KG dominates the test score
relative to baseline policies, demonstrating its potential for
reducing the number of evaluations required without signifi-
cantly compromising performance. Figure[6]depicts the trend
of the test score for different values of N used in our exper-
iments above. It shows that the algorithms discover prompts
with better performance as the number of prompt evaluations
increases. SOPL-KG consistently outperforms other meth-
ods for different values of NV, with SOPL-TS achieving the
second highest scores.
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Figure 6: Average test score versus the number of iterations

6.2 Sensitivity to the Prompt Selection Policy

As Figure [3] illustrates, the advantage of the KG policy is
more evident for some tasks while more subtle for others. For
each task, we randomly sample 100 feature vectors and eval-
uate their validation scores. We compute the mean 199 and
the standard deviation o;¢g of the 100 scores, and calculate
the coefficient of variation by C'Vigo := 0100/14100- This
metric aims to represent the uncertainty in the LLM response
performance as the prompt feature values vary. Figure [7] de-
picts the relationship between the relative improvement of the
KG prompt representation selection policy over the TS and
Greedy policies in the average test score, and the coefficient
of variation C'V;qq for different tasks. The correlation coef-
ficient between C'Vjgg and the relative improvement of KG
over TS and Greedy across the 13 tasks are p; = 0.8901
and po = 0.7789. The positive correlations suggest that for
tasks where the LLM response is highly sensitive to prompt
features, the KG policy can prominently outperform TS and
Greedy in the SOPL framework.

We also observed that for easier tasks when the LLM re-
sponse is relatively insensitive to the prompts and the perfor-
mance function is relatively flat with respect to prompt fea-
tures, full exploitation policies such as Greedy are adequate
to identify an effective prompt. In particular, we observe that
Greedy outperforms KG by a very small margin for two eas-
ier tasks, antonyms and informal_to_formal. How-
ever, for challenging tasks with high uncertainty, KG consis-
tently yields over a 10% improvement relative to both base-
lines when other parts of the framework remain the same. Our
analysis reveals the importance of the choice of the policy de-
pending on the problem context.

6.3 Sensitivity to Feature Selection

We assess the effectiveness of enriching the prompt rep-
resentation by multiple features on the two tasks with the
largest improvement of SOPL-KG compared to the second
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Figure 7: Upper plot: Improvement over SOPL-TS versus
the coefficient of variation. Lower plot: Improvement over
SOPL-Greedy versus the coefficient of variation

best performance, i.e., orthography_starts_with and
rhymes. We use the default meta prompt from [13]], which
only includes the feature for the required demonstration ex-
amples, and use SOPL-KG to select from 20 predefined con-
figurations of demonstration examples. We allow N = 30
evaluations and repeat the experiments for 20 replications.
Figure [§] shows that the performance deteriorates as the fea-
tures that enhance the meta prompt are excluded. While
searching in a single dimension is easier than optimizing mul-
tiple features simultaneously, it results in finding suboptimal
prompts. The result suggests that enriching the meta prompt
with different features effectively expands the search space
and leads to improved performance of the generated prompts.

Em KG
3 Without features

08

0.6

04

Average Test Score

02
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orthography_starts_with rhymes
Tasks

Figure 8: Comparison of the average test score between our
method using all five features and the method using only one
feature for the demonstrative examples in meta prompts



7 Conclusion and Future Work

This paper introduces SOPL, a sequential optimal prompt
learning framework for automated prompt engineering fo-
cused on efficient prompt learning in practical scenarios
where exhaustive evaluation is costly or impossible. Specifi-
cally, we develop a feature-based approach to model prompts,
enabling a constraint-based and expansive prompt search
space. The forward-looking KG policy with correlated be-
liefs facilitates efficient and scalable prompt learning. We
demonstrate that our proposed method achieves superior per-
formance on instruction induction tasks with only 30 or fewer
opportunities of prompt evaluation. We find that the KG pol-
icy yields substantial performance gains compared to base-
line policies, especially for challenging tasks with high uncer-
tainty. Moreover, our framework allows for future investiga-
tion of continuous representations of prompts by embedding
vectors. Our work shows a promising direction of leverag-
ing optimal learning methods for efficient prompt learning,
paving the way for future research on scalable prompt engi-
neering.
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